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Introduction: Due to its distinct advantage of non-invasive application in treatment, photothermal therapy (PTT) is being studied by 
many researchers to reduce the need for surgical incisions. It is characterized by the injection of nanoparticles into biological tissue as 
photothermal agents (PTAs) which diffuse within the tissue. In this study, the diffusion behavior of various doses of gold nanoparticles 
(AuNPs) injected into tumor tissues is analyzed and the effectiveness of PTT at each elapsed time after injection is confirmed by 
numerical analysis.
Methods: The diffusion behavior of AuNPs within biological tissues is assessed using the convection-diffusion equation, while the 
temperature distribution is determined using the Pennes bioheat transfer equation. In addition, the effect of the diffusion behavior of 
AuNPs on the effectiveness of PTT is quantitatively confirmed by analyzing the temperature distribution in the medium through the 
apoptotic variable. Numerical simulation parameters are selected with doses ranging from 100 to 400 μg/mL, elapsed time after 
injection from 1 min to 24 h, and laser power ranging from 0 to 1 W.
Results: After evaluating PTT’s efficacy in every situation, it was discovered that a dosage of 100–300 μg/mL produced the best 
therapeutic result, with the highest impact occurring 12 hours after injection. In contrast, when the dosage was 400 μg/mL, the highest 
therapeutic effect was achieved after 18 hours post-injection. Additionally, it was discovered that the ideal laser power at each injection 
dose was 0.22, 0.14, 0.12, and 0.12 W, respectively.
Conclusion: The conditions required to achieve the optimal treatment effect at each dosage, presented here, are expected to accelerate 
the commercialization of PTT.
Keywords: apoptosis, elapsed time after injection, gold nanoparticles, injection dose, photothermal therapy, thermal damage

Introduction
Photothermal therapy (PTT), an anti-cancer treatment technique that utilizes lasers, is being studied by many 
researchers due to its non-invasive nature.1–3 Unlike conventional treatment techniques, PTT is performed without 
incisions, resulting in no bleeding, fast recovery, and no scarring.4 The therapeutic mechanism of PTT is the 
photothermal effect, which refers to the conversion of light energy into heat energy.5 Due to this photothermal 
effect, tumors are killed by increasing the temperature of the affected area irradiated by the laser. Biological tissues 
undergo different mechanisms of cell death depending on temperature.6 From 43–50 °C, death occurs in the form of 
apoptosis, in which cells die on their own. At temperatures above 50 °C, death occurs in the form of both necrosis 
and leakage of intracellular contents, resulting in a risk of cancer metastasis. PTT utilizes a variety of laser 
wavelengths to achieve different temperatures in the target tissues.7–9 Among these, lasers in the near-infrared 
region have the advantage of deep penetration, but the disadvantage that the amount of laser energy that can be 
absorbed by the medium is small and does not cause a sufficient temperature increase.10,11 Due to these character
istics, if only near-infrared lasers are used, there is a possibility of unnecessary thermal damage due to the 
absorption of laser energy by healthy tissue as well as tumor tissue. To address this, photothermal agents (PTAs) 
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are used to enhance the light absorption coefficient of tumor tissue.12–14 PTAs, which enhance laser absorption at 
specific wavelengths by the phenomenon of localized surface plasmon resonance (LSPR), are largely manufactured 
from noble metal series and polymer series.15 Each material comes with advantages and disadvantages, and its 
selection for treatment is determined by the specific circumstances.16,17

Research on PTT is ongoing. Hu et al18 created a supramolecular drug nanocarrier to co-deliver nitric oxide 
(NO) and the photothermal agent DCTBT with the NIR-II aggregation-induced emission (AIE) characteristic for 
mild-temperature PTT to improve the therapeutic efficacy, which is limited by cancer cells’ thermotolerance. It was 
confirmed that NO was effectively released from the fabricated carrier, and reactive oxygen species (ROS) and high 
heat were generated when irradiated with 808 nm laser. It was also confirmed that the generated ROS reacted with 
NO to produce nitric oxide, which reduced the heat resistance of cancer cells. Cheong et al19 confirmed the 
therapeutic effect by changing the heterogeneous distribution of gold nanorods (GNRs) in PTT. Through this, it 
was confirmed that the laser irradiation time and volume fraction of injected GNRs required to completely kill the 
tumor were different depending on the distribution of each injection. Yin et al20 created nanohybrids to control 
copper overexpression in tumors for preventing malignant tumor growth and metastasis. The nanohybrids induced 
copper-dependent photothermal damage in the tumors and inhibited copper deficiency-induced metastasis. Created 
nanohybrids inhibited angiogenesis and tumor migration by ionically reacting with copper in tissues during 
treatment, reducing copper content, and caused aggregation of AuNPs through molecular synthesis between arzido 
and alkynyl on the surface of AuNPs. Finally, it was confirmed that this generates photothermal agents in tumor 
tissue and improves the retention time of PTT. Gheflati et al21 analyzed the cooling effect of non-uniform 
distribution of gold nanoparticles in a tumor and the presence of blood vessels in the center of the tumor by 
performing PTT through numerical analysis. The analysis was performed by varying the blood flow velocity, laser 
radius, laser intensity, and volume fraction of gold nanoparticles, and the diffusion distribution of gold nanoparticles 
and the temperature distribution in the tissue were determined by Beer-Lambert law, conjugate heat transfer 
equation, and mass equation. However, this study only confirmed the temperature field at a few specific points 
after gold nanoparticles injection and did not evaluate the therapeutic effect of PTT. Kim et al22 proposed conditions 
that maximize the photothermal therapy effect by changing the distribution radius of gold nanoparticles within the 
tumor. The study calculated the optical properties of gold nanoparticles, the distribution of laser heat in the medium, 
and the resulting temperature distribution. Furthermore, the treatment effect was quantitatively confirmed through 
apoptotic variables. However, this study simulated treatment based on a fixed specific distribution of GNPs, and did 
not confirm diffusion behavior over time.

Reviewing the literature, most studies have focused on creating new PTA. To increase photothermal conversion 
efficiency, various materials are being synthesized and the resulting PTT effect is being confirmed. As PTT is based 
on heat transfer, it requires rigorous analysis of thermal behavior in biological tissue. However, many studies are 
confirming the treatment effect in specific cases through in vitro and in vivo experiments without theoretical 
analysis. In addition, biological tissues exhibit diverse forms of damage (up to and including death) at different 
temperature levels, yet thermal damage is typically assessed using a specific temperature threshold. Furthermore, in 
practical situations, when PTA is injected into tumor tissue, the distribution range of PTA varies over time due to 
diffusion, but previous studies have assumed that PTA is uniformly distributed in all parts of the tumor or is situated 
in a specific fixed location. To address these shortcomings, this study investigated time-dependent diffusion behavior 
following the injection of varying doses of PTA. Subsequently, the efficacy of PTT was confirmed through numerical 
analysis. In addition, to quantitatively determine the extent to which apoptosis was sustained within the tumor tissue 
and the degree of thermal damage to the adjacent healthy tissue, the apoptotic variable proposed by Kim et al23 was 
utilized. Finally, the temperature distribution in the biological tissue was determined by varying the PTT parameters, 
including the intensity of laser irradiation, PTA dose, and time elapsed after PTA injection. Analysis of these 
variations led to the identification of the optimal treatment effect.
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Material and Methods
Theoretical Analysis of Diffusion Behavior of Photothermal Agents
In this study, the convection-diffusion equation was used to analyze the diffusion behavior after intratumoral PTA 
injection, as shown in (Equation 1).24 The equation is a combination of diffusion and convection equations that 
physically describe the transportation of particles due to these two processes.

where C, D, u, and R are the species concentration of PTA, diffusion coefficient, velocity, and source or sink of quantity, 
respectively. The diffusion coefficient D was calculated using the Stokes-Einstein equation in (Equation 2).25 This 
expression reflects the degree of diffusion that varies with the radius of the nanoparticle and represents the diffusion 
coefficient of the particle in a medium with a low Reynolds number. Here, KB, T, η, and reff represent the Boltzmann 
constant, temperature, dynamic viscosity, and effective radius of the particle, respectively. KB is 1.38∙10−23 J/K and η is 
set to 8.9∙10−4 Pa∙s.26 In this manner, the distribution of PTA in the medium can be calculated by analyzing the diffusion 
behavior over time following PTA injection.

Theoretical Analysis of Thermal Behavior in Biological Tissues
This study employed the Pennes bioheat transfer equation to analyze the thermal behavior within biological tissue when 
subjected to laser irradiation after the injection of PTA into tumor tissue, as shown in (Equation 3).27 The equation 
assumes that the heat transferred by blood flow and the heat generated by metabolism occur uniformly in the biological 
tissue, and describes the temperature change over time by considering the amount of heat transferred by each heat source 
through the thermal conductivity coefficient of the tissue.

where ρ, cp, and km are the density, specific heat, and thermal conductivity, respectively, and qb and qmet are the heat 
generation terms due to blood flow and metabolism, respectively. qb is expressed as in (Equation 4)and can be calculated 
from the density of blood, perfusion coefficient (ωb), specific heat and temperature difference with blood. As the laser 
provides an additional heat source, the traditional Pennes bioheat transfer equation can be transformed into the 
representation shown as (Equation 5).

where ql represents the amount of heat delivered by the laser. It can be calculated from the light absorption coefficient 
(μabs) and attenuation coefficient (μtot) of the medium, the intensity of the laser (Pl), and the radius of the laser (rl), as 
shown in (Equation 6). μtot can be calculated as the sum of the μabs and the reduced scattering coefficient (μ’

sca), which 
allows the temperature distribution within the medium irradiated by the laser to be calculated.
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To calculate the ql, the optical properties of the medium must be determined. The optical properties of the biological 
tissue and the injected PTA should be obtained. In this study, the correlation proposed by Dombrovsky et al28 was 
utilized to calculate the optical properties of PTA. The correlation can be calculated through the volume fraction of the 
injected PTA (fv), the optical efficiency (Q), and reff as shown in (Equation 7), and μabs and the scattering coefficient 
(μsca) are calculated, respectively. μ’

sca can be calculated from μsca and the anisotropy factor g, as shown in (Equation 8), 
where g is a dimensionless number representing the distribution from which light is scattered. Once the optical properties 
of the PTA are calculated, the optical properties of the entire medium with PTA injected can be calculated by summing 
the optical properties of the medium itself and the optical properties of the PTA, as shown in (Equation 9).

Numerical Geometry and Calculation Conditions
In this study, squamous cell carcinoma (SCC) was selected as the target tumor. This is because the incidence rate is 
steadily rising every year, and it is the most common and highest incidence rate among various skin cancers.29,30 

Accordingly, The PTT for SCC of the skin was simulated through numerical analysis. Figure 1 shows a schematic of the 
numerical model, which assumes that the entire skin layer is a cuboid with a length, width, and depth of 10, 10, and 
4.2 mm, respectively. The skin is composed of four layers: epidermis, papillary dermis, reticular dermis, and subcuta
neous fat. In addition, it was assumed that an SCC, radius and depth of 2 mm, at the center arises from the skin surface. 
The wavelength of the irradiated laser was set to 1064 nm and the radius was set to 2 mm, the same as SCC. Table 1 
summarizes the various physical properties for each skin layer and SCC used in the numerical simulations.31–35

Among the various nanoparticle materials, gold nanoparticles, which are most commonly used in this study, were 
selected as PTA. In the case of PTA shape, the rod-type was selected as it has higher absorption efficiency than other 

Figure 1 Schematic of numerical model.
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shapes.36 Based on the gold nanorods (GNRs) offered by Sigma Aldrich Co., an aspect ratio of 6.67 was chosen for 
GNRs that were used. They are distributed in H2O at a 35 ug/mL concentration. After that, using the DDA method, the 
absorption and scattering efficiencies for GNRs were computed according to different radii.37 The effective radius of 20 
nm was found to yield the maximum absorption efficiency. Thus, It was selected that GNRs with an aspect ratio of 6.67 
and a radius of 20 nm. Calculated absorption and scattering efficiency was 22.11, 4.91, respectively.36 The injection of 
GNRs into the tumor was assumed to be in situ injection. For the investigation of the diffusion behavior, the analysis 
assumed the injection of GNRs in a hemispherical shape with an initial radius of 0.25 mm, and performed numerical 
analysis. The dosage of the injected GNRs was increased incrementally in four steps from 100 to 400 μg/mL. In addition, 
to confirm the treatment effect over time after injection, the treatment was divided into 14 stages from 1 min to 24 h after 
injection of GNRs. The effectiveness of the treatment was evaluated for each specific time point post-injection. For the 
laser, the irradiation time was fixed at 200 s in all cases, and the intensity was set incrementally in 51 steps from 0 W to 1 
W in 0.02 W increments. All numerical conditions are summarized in Table 2.

Results and Discussion
Numerical Analysis Validation (Diffusion and Temperature Behavior)
To validate the numerical model presented in this study, a comparison and validation process was performed by aligning 
the results of the study with those of Gheflati et al.21 The results of Gheflati et al21 results were compared and verified 
through the experimental results performed by Paul et al.38 Accordingly, it is believed that comparing and verifying the 
numerical modeling presented in this study with the research results of Gheflati et al21 will also be able to simulate the 
actual situation well. Their model assumes a cylindrical tumor with a radius and depth of 5 mm in the center of 
a cuboidal section of healthy tissue with a width of 50 mm, a length of 100 mm, and a height of 20 mm. GNRs are 
injected into the center of the tumor, and it is assumed that the initially injected GNRs are in the shape of a cylinder with 
a radius and length of 0.5 and 1 mm, respectively. The initial concentration of GNRs was set to 1.661∙10−6 mol/m3 and 
the external concentration was set to 0 mol/m3. The diffusion coefficient was set to 9∙10−11 m2/s inside the tumor and 
9∙10−12 m2/s for healthy tissue. For diffusion, a comparison was made between the outcomes observed at the 2-hour and 
4-hour marks post-injection, and for temperature, the laser irradiation was applied for 300 s at precisely the 3-hour mark 
after injection.

Table 1 Thermal and Optical Properties of Skin Layers and SCC31–35

ρ (kg/m3) cp (J/kgK) km (W/mK) t (mm) ωb (1/s) μabs (1/mm) μ’sca (1/mm)

Epidermis 1200 3589 0.235 0.1 0 0.4 9

Papillary dermis 1200 3300 0.445 0.5 0.0031 0.38 6

Reticular dermis 1200 3300 0.445 0.6 0.0031 0.48 2.5

Subcutaneous fat 1000 2674 0.19 3 0.0031 0.43 1

SCC 1070 3421 0.495 2 0.0063 0.047 0.221

Table 2 Parameters of Numerical Analysis

Parameter Case Number Remarks

Laser power (Pl) 0 to 1 W 51 Intv: 0.02 W

Injection dose of GNRs 100 to 400 μg/mL 4 Intv: 100 μg/mL

Elapsed time after injection (τh) 1 min to 24 h 14 1,2,3,5,10,20,30 min 

1,2,4,8,12,18,24 h
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Figure 2 Diffusion validation result.21

Figure 3 Temperature validation result.21
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Figure 2 is a comparison of the diffusion behavior in the depth direction relative to the center over a period of 2–4 
h after injection. The results shown by the lines are those of Gheflati et al21 while the results shown by the dots are those 
obtained using the numerical model proposed in this study. The diffusion behavior is observed to be an appropriate 
match. Figure 3 shows the temperature in the y direction at a point where x = 0 mm and z = 2.5 mm. At precisely 3 hours 
after insertion, laser irradiation was applied for 300 s, and the temperature distribution was found to be in agreement. 
These results validate the numerical model.

Diffusion Behavior Analysis in Biological Tissues
In this investigation, GNRs were injected into SCC for treatment. The study aimed to discern the dispersion pattern of 
GNRs in SCC through diffusion, and establish the progressive impact of PTT following the injection. Consequently, the 
initial focus of the study involved an analysis of the diffusion behavior within SCC.

Figure 4 shows the diffusion distribution in the radial direction from the center of the SCC at x = 0 mm, 
z = −1 mm after the injection of GNRs in the SCC. The green-shaded portion of the graph represents the SCC 
region. (Figure 4a) shows the diffusion distribution by dose at the 2-hour point after injection. It was confirmed 
that the concentration decreases along the radial direction from the central point, and it was confirmed that the 
GNRs concentration of SCC increased as the injection dose increased. (Figure 4b and c) shows the diffusion 
distribution radially from the center as a function of τh for a dose of 200 μg/mL. Up to 5 minutes after the 
injection of GNRs, the concentration in the center of the tumor is below 10−15 orders of magnitude and cannot be 
seen in the graph, and it was found that the concentration within the SCC varies along the radial direction relative 
to the center of the SCC with each time interval τh, and the concentration of GNRs reached its peak when τh 

equaled 4 h. This confirms that GNRs cannot diffuse to the depth-directional center of the SCC (z = −1 mm) 
before τh = 4 h, resulting in a low concentration, and that the diffused GNRs have a maximum value at τh = 4 
h. After 4 h, diffused GNRs spread over a wider area in the x-direction, lowering the concentration at the location 
under analysis. Based on these results, the diffusion behavior was analyzed in all cases, and the distribution of 
GNRs in the SCC at each time τh after injection was determined. In addition, by calculating the absorption and 
scattering coefficients within the medium, which vary with the changing concentration of GNRs as diffusion 
proceeds, the changes in absorbed laser energy are accounted for in the calculation.

Temperature Distribution Analysis in Biological Tissues
In Section “Diffusion behavior analysis in biological tissues”, the diffusion behavior of GNRs in the SCC as a function of 
time was analyzed, and based on this, the total optical properties of the medium were calculated through (Equations 7–9), 
facilitating analysis of the change in the amount of laser energy absorbed. Finally, the temperature variation with laser 
irradiation time was investigated for different elapsed times τh after the GNRs were injected.

Figure 5 shows the temperature variation with laser irradiation time at a location 1 mm deep (x = 0 mm, z = −1 mm) 
in the center of the SCC. The red-shaded portion of the graph indicates the temperature range within which apoptosis 
occurs. The total laser irradiation time and power were fixed at 200 seconds and 0.2 W, respectively. (Figure 5a) shows 
the temperature variation with laser irradiation time when τh is 2 h. Higher temperatures are reached as the injection dose 
of GNRs increases, because the optical absorption coefficient of the medium increases, allowing it to absorb more laser 
energy. (Figure 5b) shows the temperature variation as a function of elapsed time after injection. As previously confirmed 
in Section “Diffusion behavior analysis in biological tissues”, the concentration of GNRs at the center of the SCC was 
highest at τh = 4 h, with a corresponding peak in temperature due to laser irradiation occurring 4 h after injection. 
However, the apoptosis temperature within the SCC reaches its peak when τh is 24 h. Given these considerations, this 
study established the temperature distribution within the medium in all cases according to the proposed numerical 
simulation parameters of injection dose, τh, and Pl. This enabled determination of the conditions that maximize the 
apoptosis temperature in the entire SCC while minimizing the thermal damage to the surrounding healthy tissue.
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(a) τh = 2 h

(b) Injection dose = 200 μg/ml

(c) Injection dose = 200 μg/ml (1 m < τh < 30 m)

Figure 4 Radial Concentration Distribution (center position, depth = 1 mm). (a) τh = 2 h; (b) Injection dose = 200 μg/mL; (c) Injection dose = 200 μg/mL (1 m < τh < 30 m).
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Examination of Apoptosis Temperature Range in Tumor Tissue
The essence of PTT is to induce death by raising the temperature of the targeted tumor. Excessive temperature increases can 
cause necrosis, which can lead to cancer metastasis, hence it is very important to maintain the temperature range of apoptosis 
to only kill the tumor. To quantitatively analyze these points, the apoptotic variables proposed by Kim et al23 and Kim et al39 

were utilized. Among these metrics, the apoptosis retention ratio (θ*A) stands out as it offers a quantitative measure of how 

(a) τh = 2 h

(b) Injection dose = 200 μg/ml

Figure 5 Temperature variation with laser irradiation time (center position, depth = 1 mm, Pl = 0.2 W). (a) τh = 2 h; (b) Injection dose = 200 μg/mL.
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effectively the tumor tissue maintains the temperature conducive to apoptosis. It is calculated that the time-averaged value of 
the apoptosis ratio (θA), which represents the proportion of the total tumor volume to the volume corresponding to 
a temperature of 43~50 °C, where apoptosis is known to occur. The minimum value is 0 and the maximum is 1, indicating 
that all regions within the tumor are in the apoptosis temperature range. This allows for quantitative determination of the 
degree to which apoptosis is maintained in the treated SCC over the treatment time.

Figure 6 shows θ*A as a function of Pl and τh for each injection dose. Although it is difficult to visually 
distinguish between τh from 1 m to 1 h, it was confirmed that the maximum θ*A decreases at each τh. Conversely, 

Figure 6 Continued.
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after τh = 1 h, the maximum value of θ*A that can be obtained for each τh increases. Initially upon injection, GNRs 
are concentrated at the injection location and have a high light absorption coefficient, so excessive heat generation 
occurs and the temperature in the vicinity rises very high. However, in other parts of the tissue, no heat is generated, 
and the temperature cannot rise to the temperature range necessary for apoptosis. This trend is maintained until the 

Figure 6 Apoptosis retention ratio(θ*A) for various Pl and τh. (a) Injection dose = 100 μg/mL; (b) Injection dose = 200 μg/mL; (c) Injection dose = 300 μg/mL; (d) Injection 
dose = 400 μg/mL.
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1-hour mark, but thereafter, the diffusion of GNRs proceeds and a relatively low concentration of GNRs is 
distributed inside the SCC, reducing the light absorption coefficient and resulting in a minor rise in temperature. 
This is determined to increase θ*A because it rises to the appropriate temperature range, increasing the area within 
the SCC that corresponds to the apoptosis temperature range. With respect to the injection dose, it was confirmed 
that Pl, where θ*A is at its peak, decreases as injection dose increases. This means that as injection dose increases, 
more GNRs are distributed within the SCC, and the light absorption coefficient of the medium increases accordingly, 
resulting in an increase in temperature at the same Pl. This results in a lower magnitude of Pl to avoid excessive 
temperature rise and optimize the temperature range conducive to apoptosis. However, in PTT, it is not enough to 
simply identify the apoptosis temperature range inside the SCC; it is also necessary to determine the presence and 
degree of thermal damage caused by heat transfer to the surrounding healthy tissue. This will be covered in the next 
section reviewing thermal damage to healthy tissue.

Examination of Thermal Damage to Surrounding Healthy Tissues
When performing PTT, the temperature of the tumor to be killed is increased, and heat transfer to the surrounding healthy 
tissue inevitably occurs. Unnecessary temperature increases in surrounding healthy tissue leads to thermal damage, which 
should be quantitatively analyzed. In this study, the thermal hazard retention value (θ*H) was utilized to quantitatively 
determine the amount of thermal damage to healthy tissue around the SCC.23 θ*H is defined by calculating a weighted 
sum for the healthy tissue surrounding the tumor after weighting each of the various biological phenomena expressed by 
temperature. The minimum value is 1, indicating no thermal damage, and the value of θ*H will increase as thermal 
damage occurs. This allows for quantitative determination of the amount of thermal damage to the healthy tissue 
surrounding the SCC.

Figure 7 shows θ*H as a function of Pl and τh for each change in injection dose. Based on the same Pl, it is observed 
that θ*H increases as injection dose increases. This is because the light absorption coefficient of the SCC increases as the 
dose of GNRs increases, concomitantly increasing the heat transfer from the SCC to the surrounding healthy tissue. 
Additionally, from the perspective of τh, it was confirmed that θ*H increased based on the same Pl until τh was 4 h, and 
decreased after 4 h. Prior to τh = 4 h, the diffusion of GNRs is limited, causing them to be concentrated relatively small 
area within the SCC. This concentration results in a very high light absorption coefficient, which, in turn, leads to an 
excessive temperature rise and heightened heat transfer to the adjacent healthy tissue. This is confirmed to be the case up 
to 4 h after injection. As τh exceeds 4 h, GNRs disperse across a relatively large area, leading to a reduction in GNR 
concentration. Consequently, the light absorption coefficient increases, resulting in a corresponding reduction in the 
amount of heat transferred to the surrounding healthy tissue.

Confirmation of Quantitative PTT Effect
Finally, as PTT is performed, the expression of apoptosis in the tumor tissue and the thermal damage to the surrounding 
healthy tissue occur simultaneously. Therefore, this study analyzes these two phenomena simultaneously to gauge the 
effectiveness of PTT. For a quantitative analysis, the effective apoptosis retention ratio (θ*eff) was utilized.23 θ*eff is 
defined as the ratio of θ*A and θ*H, with a minimum value of 0 and a maximum of 1 (θ*A=1, θ*H=1). By deriving θ*eff in 
each case, conditions were identified that maximized the occurrence of apoptosis within the SCC while minimizing the 
amount of thermal damage to surrounding healthy tissue.

Figure 8 plots θ*eff as a function of Pl and τh at each injection dose. In all cases, the trend of θ*eff followed 
a similar trajectory to θ*A, with θ*eff consistently registering at a lower value than θ*A. This occurs because some 
degree of thermal damage to the surrounding healthy tissue is unavoidable during treatment. Furthermore, as shown 
in Figure 6, as τh increases after 1 h, the maximum value of θ*A that can be obtained at that time increases, but for 
θ*eff, there exists a τh that shows an optimal value. This is because the more the apoptotic temperature range within 
the SCC is maintained, the more heat is transferred to the surrounding healthy tissue, which increases the thermal 
damage. This is further illustrated in Figure 9, which plots the maximum value of τh versus the injection dose of 
GNRs.
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(Figure 9a) shows the optimal value of θ*eff as a function of injection dose of GNRs and τh. Conversely, depending on 
injection dose and τh, there is a corresponding Pl value for the optimal θ*eff value, which is shown in (Figure 9b). As mentioned 
earlier, there exists a τh for which θ*eff is optimal for each injection dose. For doses ranging from 100 to 300 μg/mL, θ*eff was 
optimized at 12 hours post-injection, and for a dose of 400 μg/mL, θ*eff was optimized at 18 h post-injection. Moreover, as the 
injection dose increases, Pl at the optimum point decreases. The optimal τh and Pl for each injection dose and the corresponding 
θ*eff are summarized in Table 3. From this, information was derived about the time elapsed after GNRs were injected into the 
SCC and the laser intensity at which the optimal therapeutic effect was achieved for each injection dose. Therefore, if 
the treatment is performed by appropriately controlling the degree of apoptosis in the SCC and the amount of thermal damage 

Figure 7 Continued.
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to the surrounding healthy tissue, it is possible to maximize the occurrence of apoptosis in the SCC while minimizing the thermal 
damage to the surrounding healthy tissue.

Conclusion
In this study, the effects of different doses of PTA injected into the SCC and their diffusion behavior on PTT were 
investigated through numerical analysis. It was assumed that SCC developed from the surface of the skin and four layers 

Figure 7 Thermal hazard retention value (θ*H) for various Pl and τh. (a) Injection dose = 100 μg/mL; (b) Injection dose = 200 μg/mL; (c) Injection dose = 300 μg/mL; (d) 
Injection dose = 400 μg/mL.
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of skin were implemented in the numerical modeling. The treatment parameters were the injection dose of PTA, the time 
elapsed after injection, and the intensity of the laser irradiation.

The PTA used was GNRs. The diffusion behavior of GNRs in biological tissue was calculated using the convection- 
diffusion equation, and the temperature distribution was calculated using the Pennes bioheat transfer equation. This 
facilitates calculation of the temperature distribution in the medium when PTT is performed at each elapsed time after 
injection. The laser irradiation utilized a wavelength of 1064 nm, and the irradiation time was fixed at 200 s. In addition, 
by utilizing an apoptotic variable that offers a quantitative assessment of the effect of PTT based on the calculated 
temperature distribution, the effectiveness of PTT was conclusively confirmed in all cases.

Figure 8 Continued.
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In assessing the effectiveness of PTT in all scenarios, it was found that the optimal therapeutic outcome occurred 
when the dosage was between 100 and 300 μg/mL, with the peak effect achieved after 12 hours post-injection. 
Conversely, when the dosage was 400 μg/mL, the optimal therapeutic effect was achieved after 18 hours post- 
injection. Furthermore, the optimal laser power at each injection dose was found to be 0.22, 0.14, 0.12, and 0.12 W, 
respectively. In conclusion, the results provide insights into the optimal conditions for achieving the most effective PTT 
outcomes for treating SCC with GNRs. The results of this study can be used to accelerate the commercialization of PTT. 
However, as the results were derived through numerical analysis, further validation through experiments, such as in vivo 
studies, is necessary. Due to the concentration distribution that changes over time after the injection of GNRs, the 

Figure 8 Effective apoptosis retention ratio (θ*eff) for various Pl and τh. (a) Injection dose = 100 μg/mL; (b) Injection dose = 200 μg/mL; (c) Injection dose = 300 μg/mL; (d) 
Injection dose = 400 μg/mL.
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temperature distribution within the tissue changes even if the same laser intensity is irradiated to the tumor tissue. This 
also changes the degree of maintenance of the temperature range where apoptosis occurs. The expression of apoptosis 
can be checked with an apoptosis detection maker, etc., by biopsy, and it is thought that it will be possible to verify 

Figure 9 Optimal value of θ*eff and Pl for various injection dose. (a) Maximum effective apoptosis retention ratio; (b) Optimal power.
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through in vivo experiments the conditions under which only tumor tissue can be killed without affecting the surrounding 
tissue. Ultimately, it is believed that this can become a reliable standard for performing actual treatment.

Nomenclature
C Species concentration (mol/m3)
cp Specific heat (J/kgK)
D Diffusion coefficient (m2/s)
fv Volume fraction of AuNPs
g Anisotropy factor
KB Boltzmann constant (J/K)
km Thermal conductivity (W/mK)
Pl Intensity of laser (W)
q Volumetric heat source (W/m3)
Q Dimensionless efficiency factor
R Source or sinks of quantity C (mol/m3)
r Radius (m)
t Thickness (m)
T Temperature (K)
u Velocity (m/s)

Greek Symbols
ղ Dynamic viscosity (Pa∙s)
θ*A Apoptosis retention ratio
θ*eff Effective apoptosis retention ratio
θ*H Thermal hazard retention value
µ Optical coefficient (1/m)
µ’ Reduced optical coefficient (1/m)
ρ Density (kg/m3)
τ Time (s)
τh Elapsed time after injection (h)
ωb Blood perfusion rate (1/s)

Subscripts
abs Absorption
b Blood
eff Effective
l Laser
m Medium

Table 3 Optimal Conditions for Various Injection Dose

Injection dose (μg/mL) τh (h) Pl (W) θ*eff

100 12 0.22 0.62909

200 12 0.14 0.63003

300 12 0.12 0.63803

400 18 0.12 0.64116
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met Metabolic
np Nano particle
sca Scattering
tot Attenuation
x,y,z Notation of direction.
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